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Abstract

All rings in this paper are associative and all classes of rings contain the one-
element ring 0. All undefined radical theoretic terms and facts can be found in
[1] and [4]. An ideal I of a ring A is called essential if I ∩J 6= 0 whenever J is a
nonzero ideal of A. A class µ of rings is hereditary if µ is closed under ideals. A
hereditary class µ of semiprime rings is called weakly special if µ is essentially
closed, that is, whenever I ∈ µ is an essential ideal of a ring A, then A ∈ µ also
holds. Throughout this paper, for a class µ of rings, U (µ) will denote the class of
all rings which have no nonzero homomorphic image in µ, L (µ) will denote the
lower radical class determined by µ and S (µ) will stand for the class of all rings
without nonzero ideals in µ. Moreover, µ∗ [5] will denote the class of all rings A
such that either A is a simple ring in µ or the factor ring A/I is in µ for every
nonzero ideal I of A and every minimal ideal M of A is in µ. A supernilpotent
radical is a hereditary radical class which contains all nilpotent rings. It is well
known [1], [4] that ρ is a supernilpotent radical if and only if ρ = U (µ) for
some weakly special class µ of rings. In [5], H. J. Le Roux and G. A. P. Heyman
proved that if ρ is a supernilpotent radical, then so is L (ρ∗) and ρ ⊆ L (ρ∗) ⊆ ρϕ,
where ρϕ denotes the upper radical determined by the class of all subdirectly
irreducible rings with ρ-semisimple hearts. Moreover, L (G∗) = Gϕ, where G
is the Brown-McCoy radical. They asked whether L (ρ∗) = ρϕ if ρ is replaced
by β, L, N or J , where β, L, N and J denote the Baer, the Levitzki, the
Koethe and the Jacobson radical, respectively. In the present paper we will give
a negative answer to this question.
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